and is seen to depend linearly onw+3 parameters. Here we have used the function # + = max(0, x). The interpolatory properties of the elements of the class 5[0, n] have recently attracted considerable attention. The two main kinds of this so-called cubic spline interpolation are as follows.
1. Natural cubic spline interpolation. We are required to find •SOxOGSfO, n] such as to satisfy the conditions
S"(0) = S"(n) = 0.
Complete cubic spline interpolation.
Here we are asked to find 5(x)£S[0, n ] so as to satisfy the conditions
The existence and unicity of the solutions of these problems is widely known. See [l], [2] , or [5, Chapter 4] for illuminating discussions of these problems.
We may describe the solution of the first problem (2), (3) by the interpolation formula Likewise the solution of the second problem (4), (5) is described by the formula Until now, the solution of these problems, i.e. the construction of the interpolating spline function, has usually required the inversion of a matrix (essentially a tridiagonal matrix) of a size that was roughly nXn. It is the purpose of this note to describe explicit solutions of these problems that do not require any matrix inversion.
Let Jlfi(x) = l if -iâffâj, and 
Moreover, the symmetry relations
hold throughout, and in particular for v = n we find that
are already described by the formulae (20). In the application of these formulae there is never any loss of accuracy due to numerical instability, no matter how large n may be. In fact, writing Cy," = CyJ, we have that (2) and (3) in its explicit form (1) . In order to avoid the loss of accuracy inherent in this formulation by using integer arithmetic (as Greville recommends), one must work with a large number of digits even for moderately large values of n. Indeed, if n -20, say, products containing close to 20 digits and multiplicands of more than 10 digits appear in the calculations. The advantages of using the representation (12) in terms of 5-splines become apparent.
Computational advice. Construct the solution S(x) of the problem A similar remark concerns the problem (4), (5). The results here described were obtained by means of the fundamental function and the eigensplines of cardinal spline interpolation as discussed in [7] . In the present cubic case this approach is particularly simple and intuitive. An alternative and shorter way of obtaining Theorems 1 and 2 is to use the results of D. Kershaw as described in [4] . The connection is as follows: If we introduce the representation (12) into the equations (4) and (5), we obtain a system of n+3 equations for the n+3 unknown coefficients Cj. The matrix of this linear system is a special case of one of the matrices that were explicitly inverted by Kershaw in [4] . Similarly, the problem (2) and (3) leads to a matrix that can easily be reduced to a special case of another matrix already inverted by Kershaw. Kershaw does not point out this application of his results, an application that becomes strikingly apparent if we use the representation (12) in terms of Bsplines. However, our approach via cardinal spline interpolation has the advantage of generalizing to higher degree spline interpolation problems. Indeed, in a forthcoming paper [8] , written in collaboration with A. Sharma, we present the applications of our approach to quintic spline interpolation problems.
